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In vivo and in vitro consistency of thermodynamic models for transcription regulation
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The ability of cells to respond to external stimuli, by up and down regulation of genes, is a key strategy for
survival in changing environmental conditions. Models based on equilibrium statistical mechanics have been
able to successfully predict in vivo fold changes in gene expression by computing weights of configurational
states of the promoter where genes can be expressed. These models are based on the same, perhaps unintuitive,
assumption that transcription initiation—an inherently nonequilibrium process—can indeed be effectively
described by the equilibrium binding of transcription factors (TFs) and polymerases to the promoter. The few
earlier studies that independently test this assumption [P. H. von Hippel et al., Proc. Natl. Acad. Sci. USA
71, 4808 (1974)], were published before much of our modern day understanding of molecular biology was
established, and their models fail to explain more recent experimental results. As such, it is not obvious that the
original conclusions remain valid. Equilibrium models depend on fitted free energy differences between binding
of TFs to specific operator sites versus nonspecific DNA. In this article we compare the fitted binding free energy
of the well-studied Lacl repressor to equilibrium binding constants measured in independent in vitro experiments.
To make this comparison we take into account the distribution of binding energies of the transcription factor to
the nonspecific DNA, and we adjust Lacl binding constants to a common set of physiological conditions. We
find that the fitted binding energies of the Lacl repressor in vivo indeed agree with in vitro measured equilibrium
binding constants, reestablishing the idea that equilibrium statistical mechanical models of transcriptional
regulation should be viewed not merely as mathematical tools, but also as informative physical representations

of underlying TF-DNA interactions.

DOI: 10.1103/PhysRevResearch.1.033094

I. INTRODUCTION

Half a century ago, von Hippel ef al. [1] measured the
binding constant of the transcription factor Lacl to isolated
DNA fragments on which the lac promoter of Escherichia coli
was either present or not. They found that the ratio of the two
equilibrium constants could reproduce fold changes in wild-
type in vivo activity of the lac promoter, based on a simple
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equilibrium adsorption model built on the following premise:
if the transcription factor is bound to the promoter, the gene
stops transcribing. Equilibrium-based models have since been
used successfully to quantitatively predict the transcriptional
activity of many genes in the presence of transcription factors
(TFs) [1-18].

It is important to note that all these models are based on the
same cornerstone: the assumption that transcription—an in-
herently nonequilibrium process—is regulated by equilibrium
binding of transcription factors. The transcriptional activity of
a gene is taken as proportional to the (equilibrium) probability
that its promoter region is occupied by RNA polymerase
(RNAP), an assumption which is justified when the formation
of the RNAP open complex on the promoter site of a gene is
slow in comparison to the binding and unbinding kinetics of
TFs over the genome [19-22]. Under these assumptions, equi-
librium statistical mechanics is used to calculate the RNAP
occupancy. The assumptions needed to treat transcription
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regulation as a quasiequilibrium process are subtle (see, e.g.,
Refs. [23,24] and the Supplemental Material [25]), and there
exists a corresponding class of kinetic models which do not
require as many assumptions, at the cost of requiring more
parameters [26-32]. Thermodynamic models can be used to
fit a binding free energy of TFs to their DNA sites from in vivo
experiments, which yield values that are internally consistent
[10,14,16,17,33-35]; that is, different experimental datasets
obtained under different conditions can all be described by
the same key quantities in a thermodynamic model. While
internal consistency is a strong argument for the plausibility of
a model, it does not provide a true verification that the model
reflects the actual mechanism. It is far more likely that a model
is grounded in reality when quantities have been verified
by independent experiments, such as the determination of
Avogadro’s number [36], or the independent verification of
many quantities in the standard model of particle physics [37].
As it stands, the possibility remains that the fitted quantity
is a kinetic parameter that is erroneously interpreted as an
equilibrium binding free energy.

To our knowledge, the seminal work of von Hippel etal. [1]
provides the only independent evidence that equilibrium bind-
ing free energies can be used to predict fold changes in tran-
scriptional activity [38]. However, knowledge of the statistical
mechanics of TF binding, as well as of the architecture of
the lac promoter has increased to such an extent that it is not
a priori obvious that their conclusions survive. In particular,
binding of the TF to non-specific DNA (the reference state)
is still DNA sequence specific, so there is a distribution of
binding energies. Moreover, the lac promoter used by von
Hippel has multiple auxiliary binding sites for the transcrip-
tion factor—which were not known at the time—which allows
double, triple, or looped configurations. We will show in this
article that the model of von Hippel er al. [1] is not able
to reproduce more recent experiments because knowledge
of the lac promoter was incomplete at the time. As such,
an independent verification of the quantities in equilibrium
thermodynamic models for transcription initiation is missing.

In this paper we aim to systematically and critically eval-
uate the idea that equilibrium binding of transcription factors
is the mechanism behind the regulation of transcription initi-
ation. To this end, we compare the free energy of TF binding,
as fitted by thermodynamic equilibrium models, to multiple
independent in vitro experiments. Here, we choose to focus on
the binding of the lac repressor Lacl of Escherichia coli—a
well-studied model architecture with general applicability—
and vary the binding target on the DNA and thereby change
the binding affinity of the TF to the substrate. The compar-
ison needs to be independent: any quantitative experimental
determinations should not be based on the assumption that
fold changes in transcriptional activity are proportional to the
equilibrium binding probability of RNAP to the promoter.
Furthermore, the binding free energies that are found need
to correspond to single sites only and not be complicated by
cooperative binding of the transcription factor. This way, the
binding free energies can be directly compared without intro-
ducing additional assumptions. Finally, we must be assured
that binding free energies are compared to the appropriate
reference energy, in both the thermodynamic model and the
independent experiment.

As a rule, interactions between the molecular building
blocks of living cells are strongly influenced by their sur-
roundings [39]. For this reason, in order to independently
determine the strength of a biological interaction, experiments
in vivo would be preferred if they were available. However,
in vivo measurements are limited to few well-designed ex-
periments and not all parameters are accessible with current
experimental methods. Direct comparison between in vivo and
in vitro binding free energies is not a priori straightforward
because of the presence of many different cellular compo-
nents, as well as differences in pH, salt concentrations, and
temperature. These differences are expected to significantly
affect the affinity of TFs for their targets on DNA. However,
the transcription factors that we consider have a very high
affinity for DNA, even outside of their specific binding sites
[1,40,41]. Consequently, these transcription factors are hardly
ever found in solution and are overwhelmingly more likely to
be bound to nonspecific DNA. As such, the relevant reference
state of the TFs considered here is not the solution state, but
rather the situation where the transcription factor is bound
to nonspecific sequences on DNA. As a consequence, the
influence of the crowded cell environment is expected to
cancel.

The affinity of transcription factors for DNA depends
on sequence-specific interactions such as hydrogen bonding
[42-44], and is therefore dependent on the local nucleotide
sequence [13,45,46]. As such, there is no single binding free
energy for a transcription factor to nonspecific DNA. Rather,
there is a distribution of binding free energies. In this article,
we start by calculating a single effective binding free energy
for a distribution of binding sites, inspired by previous work
by von Hippel and Berg [47] and Gerland et al. [48]. The
effective binding free energy is related to the equilibrium
constant and can be measured in vitro. Proceeding, we sys-
tematically gather Lacl binding constants from many different
in vitro equilibrium binding experiments in the literature, to
both nonspecific DNA and to the four known operator sites,
each with their own TF binding affinity. Taking care that
the in vitro experiments were performed on single operator
sites, we calculate the in vitro difference in Lacl binding
energy between specific and nonspecific DNA. In addition,
we recalculate observed binding constants to a common set
of conditions that are relevant in vivo. We find that the fitted
energy differences from in vivo experiments using thermody-
namic models closely match the independently measured in
vitro binding free energy differences, providing a strong case
that the quantity that governs transcriptional activity is indeed
a true equilibrium binding free energy, and not an effective
kinetic parameter.

II. METHODS

We will use the formalism of the grand canonical en-
semble, a natural ensemble to work in when dealing with
multichemical binding. We take the binding of TFs to different
DNA sites as uncorrelated, similar to [34].

The observed (in vitro) binding constant of a protein bind-
ing to a DNA site is directly related to the binding free energy
between these objects. We consider a protein P that binds to
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DNA sites D in the following equilibrium:
[K]
D+ P = DP, @)

with a binding constant
DP 0 1
k=10 _ % @
[DI[P] 1-6[P]
where 6 is the fraction of DNA sites occupied by P. The free
concentration [P] is related to the chemical potential of P, u,
through the well-known relation (see, e.g., Ref. [49])

w =+ kT log xp. 3

Here, xp is the mole fraction of P, which for dilute solutions

is related to [P] by
p=®_Lm _x

(nw > np) “4)
\% Vy Ny Vw

with vy, the molecular volume of water. The implied volume
scaling will later drop out and will not affect the final result,
as we will eventually compare ratios of binding constants.

A. Identical DNA binding sites

If the protein P can bind (either in vivo or in vitro) to a
specific site, s, we write down the grand canonical partition
function of that site as

1
E=) MZ(p)=1+hre’, 5)
p=0

with A = ef# the fugacity of a protein P that can adsorb to
the lattice site, 8 = (kgT)~!, p the occupancy of the site, and
Z(p) the relevant part of the canonical partition function. The
first term corresponds to the state where the DNA binding site
is free and is therefore given the weight 1. The second term
corresponds to a state that has a single molecule of P adsorbed
to the binding site. The relevant part of the canonical partition
function for the occupied state is the Boltzmann exponent
exp(—pe;), of the binding (free) energy €, of the protein P
to the (specific) binding site, s. A system of N independent
copies of this binding site has a grand canonical partition
function of Ey = EV. We can obtain the occupancy 6 from
the partition function by taking the partial derivative with
respect to A. It follows that the occupancy 6 is given by the
Langmuir isotherm

1 A [(0E
9, = — i g
N Ey \ 0A

Using this adsorption isotherm and the relation between
chemical potential and protein concentration in (3), we can
express the binding constant K; in Eq. (2) as

K, = Uwe—ﬁ(és—uo)_ (7)

Le=Pes
1+ re=Pe’

6)

The binding constant reflects the equilibrium between the
protein P bound to its specific site on the DNA and P in
solution.

B. Distribution of binding sites

The binding affinity of proteins P to nonspecific DNA
varies with the sequence of the DNA. We consider a system
of (nonspecific) DNA binding sites with a distribution in

the binding free energy of P. The grand canonical partition
function of adsorption onto a distribution of N, binding sites
is given by

NHS
Ens = 1_[ 1+ )\e_ﬁei, 3
i=1

where A = e/ is again the fugacity of the TF, and ¢; the
binding free energy of site i. If we take the logarithm of
this expression and isolate the factor Ny, the resulting sum
ZN"S N 'log[1 + A exp(—Be;)] can be interpreted as an en-
semble average Consequently, we can write

10g Ens = Nys(log(1 + re 7). 9

When the distribution is sufficiently narrow, around o <
2 kgT for biological relevant parameters (see Supplemental
Material [50] and [51,52]), we can approximate (9) with

log Eps = Ny log(1 + AlePe)Y). (10)

This approximation also makes the factor that needs to be av-
eraged independent of TF fugacity. The average (exp(—p¢))
can be expanded into the series

<eﬁf>=<Z( ﬂe)n> Z( ﬂ)" L~ M),

n=0

(11)
where (€”") is the nth raw moment of the distribution. This
series is known as the moment-generating function of the dis-
tribution, M. (— ). It is convenient to introduce the cumulant-
generating function K.(—p) = logM.(—p). The cumulant-
generating function can also be expressed as a series expan-
sion [53],

Byio’

6 )
12)
where k, is the nth cumulant of the distribution. The ad-
vantage of using the cumulant-generating function is that
cumulants are directly related to observable quantities of the
distribution, such as the mean (€), variance 2, and skewness
y1. If we express (10) in terms of the cumulant-generating

function, we obtain
3 Nas

13)
where we have also taken the exponent of both sides. We
can define an effective energy as the sum of cumulants in the
expansion

& _ R\ 2.2
(=) =3 et n’?) =—pe+27
n=1 '

,820'2 B ,33)/10
2 6

Ens [1 + Aexp (—ﬂ(e) +

2 3
eeﬁz<e>—ﬂ%+ﬂ%—--- (14)

so that the expression for the partition function in (13) be-
comes

Bns = (1 + re Peeryln, (15)

The resulting partition function for a system with a distribu-
tion of binding sites is isomorphic to the partition function of a
system with identical sites with a binding free energy equal to
€.ir- The effective free energy is smaller (more negative) than
the mean binding free energy of the distribution, since at finite
temperatures the TFs favor binding at the lower energy sites.
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TABLE 1. Binding constants of Lacl to nonspecific DNA. The
nonspecific DNA was isolated from calf thymus [55,56,59], phage A
[57], or T7 bacteriophage [58]

Author Year Ky, M™h T (K)
DeHaseth et al. [55] 1977 2.22x10° 294
DeHaseth et al. [56] 1977 6.54x10° 293
Revzin and von Hippel [57] 1977 1.30x10* 277
Lohman et al. [58] 1980 5.76x10° 293
Ha et al. [59] 1992 1.87x10* 277

The effective energy greatly simplifies the adsorption
isotherm corresponding to that system. The properties of the
distributions are essentially condensed into a single parameter.
Since in general we do not know the energy distribution of
binding sites, the effective energy is a very useful quantity
that implicitly carries the information of the distribution.

We can calculate the occupancy of the nonspecific sites,
Ohs, from the grand canonical partition function using Eq. (6),

Le Peett

0. — 1 A (084 . 16)
. Nis Ens \ 0 T 1 4 pePer”

With this adsorption isotherm, combined with the expression
for the binding constant in Eq. (2), we write down the nonspe-
cific equilibrium constant K

Ko ™~ vwe—ﬁ(éeff—ll«o)’ (17)

and we find an expression very similar to Eq. (7).

By defining the effective energy, we have a reference point
for the binding free energy of TFs to nonspecific DNA, which
is less sensitive to offsets in free energy due to the presence
of other solutes, and which can be used even when the
distribution of binding free energies is unknown. Moreover,
the difference between the specific binding free energy €, and
the effective binding free energy of TFs to nonspecific DNA
can immediately be compared to the experiments from the
ratio of the observed binding constants

K

S Bles—éetr)
2 . (18)
KHS

III. RESULTS AND DISCUSSION

We obtained from literature the experimental binding con-
stants from in vitro binding assays of the wild-type repressor
transcription factor Lacl (wild-type E. coli), to the operator
sequences O1, O2, and O3, the symmetrical operator Oid, and
nonspecific DNA.

Table I lists observed binding constants of Lacl to E. coli
nonspecific DNA. The binding constants have been measured
at various ionic strengths. Here we modify binding constants
to the value at a physiological salt concentration of 200 mM
of NaCl, room temperature, and pH 7.5 (see Supplemental
Material [54]). Applying the relation between observed bind-
ing constant and the binding free energy in Eq. (17), we
can calculate the effective binding free energy €. of Lacl to
nonregulatory DNA.

In Table II we list observed binding constants of Lacl
to the lac operon wild-type operators and to the symmetric
operator Oid. We recalculated the reported value of the bind-

TABLE II. Binding constants of Lacl to the wild-type operators
01, 02, and O3 of the lac operon and to the symmetric operator Oid.

Site Author Year K. (M) T(K)

Oid Haeral. [59] 1992  3.54 x 10" 296
Frank et al. [60] 1997 7.54x10'° 297
Tsodikov et al. [61] 1999  1.54 x 10'1 297

O1  O’Gorman et al. [62] 1980 1.75x 100 293
‘Whitson et al. [63] 1986  1.46 x 10" 298
Spotts et al. [64] 1991 2.19x 10 293
Chakerian and Matthews [65] 1991 9.78 x 10° 293
Zhang and Gottlieb [66] 1993  2.56 x 10'° 2908
Schlax et al. [67] 1995 1.55x 10 310
Swint-Kruse et al. [68] 2005 2.46x 10 293

3.96 x 101 293
3.07 x 10" 298

Winter and von Hippel [69] 1981
02  Winter and von Hippel [69] 1981

Romanuka et al. [70] 2009 9.76 x 10° 293
O3  Winter and von Hippel [69] 1981 1.73 x 107 298
Romanuka et al. [70] 2009 9.76 x 10° 293

ing constant to physiological conditions. In the Supplemental
Material [54] we provide more details on these corrections.

In the work of Garcia and Phillips [14] Lacl binding
energies were fit to in vivo measurements of E. coli under
minimal growth conditions, using a thermodynamic model.
We see the model in [14] as representative of the class of
thermodynamic models for transcription regulation. We show
the values they report in Table III, together with in vitro data
calculated from the ratio of the binding constants according
to Eq. (18). Figure 1 (blue) shows a graphic representation
of these results. Especially for the stronger binding operator
sites, the correspondence between in vivo and in vitro data is
convincing, within 1 kg7 . For the weaker binding O3 operator
there is a larger mismatch between in vivo and in vitro data.
This is likely a reflection of the scarcity of data published on
the auxiliary operator, combined with a large uncertainty in
determining low-affinity binding [69,70].

A. Earlier work

In the seminal work of von Hippel et al. [1], estimates from
in vitro experiments for the binding constants of tetrameric
Lacl to its cognate site on the lac operon, as well as to non-
specific DNA, were used to calculate in vivo fold changes in

TABLE III. Comparison between in vitro and in vivo binding free
energies of Lacl to operator sequences O1, 02, O3, and Oid, offset
by the binding free energy to nonspecific DNA. The in vivo binding
affinities were obtained by Garcia and Phillips [14] (row 2) and Vilar
and Saiz [16] (rows 3 and 4). The binding free energies in row 3 were
rescaled to the size of the nonspecific genome in row 4.

A€ /kgT Oid 01 02 03

In vitro —-16.9 —14.8 —14.7 =75
Garcia 2011 —-17.0 —15.3 —-13.9 -9.7
Vilar 2013 —-20.8 —18.5 —15.0

Vilar 2013, rescaled —159 —13.6 —10.1
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FIG. 1. Comparison of in vivo and in vitro determinations of the
binding free energy of the operator sites of the lac operon. The in
vivo data was taken from Garcia and Phillips [14] (blue points) and
Vilar and Saiz [16] [green points, recalculated according to Eq. (22)].
The dotted line denotes the line x = y. Data are displayed as mean +
the standard error of the mean (SEM).

transcriptional activity. They also found that the ratio between
the in vitro binding constants is sufficient to quantitatively
predict the basal transcription level of wild-type E. coli. This
insight is an important step in the physical interpretation of
thermodynamic models. However, with today’s knowledge of
the promoter architecture, it is not obvious that their conclu-
sions are justified.

First, the effect of the auxiliary lac operators in the pro-
moter neighborhood was unknown at the time of publication
of von Hippel et al. [1]. The presence of auxiliary operator

sites allow conformations where the DNA is looped between
two operator sites simultaneously bound to tetrameric Lacl,
with a significantly increased free energy. The in vitro binding
constant used by von Hippel et al. [1] consequently is an
effective parameter due to the presence of auxiliary sites.

The work in [1] also considered the nonspecific sites on the
DNA as a set of identical sites, without taking into account
the sequence-specific interaction between the TF and DNA.
As we have shown here, a distribution with a finite variance
causes a shift in the effective free energy of the reservoir,
but the same shift also affects the in vitro (measured) binding
constant.

In wild-type E. coli cells, only ~10 copies of Lacl exist.
The in vivo measurements from Jacob and Monod [71] that
was used by von Hippel ef al. [1] were therefore also taken in
this limit of low Lacl fugacity. Figure 2 shows a comparison of
the simple repression model used in [1] with a model taking
into account the full promoter architecture. It is for the fol-
lowing reason that a match was found between the calculated
and observed fold change in transcriptional activity: in the
low Lacl fugacity limit the behavior of the lac promoter can
be approximated with a simple repression model, where Lacl
always binds in a looped conformation as shown in Fig. 2(b).
However, such a model fails when the Lacl copy number
increases. Had the gene activity measurements used in [1]
been measured at a higher Lacl copy number, their model
would have overestimated the degree of repression by up to
an order of magnitude.

Essentially, the work of von Hippel et al. [1] was far
ahead of its time: for the lac promoter architecture, tran-
scriptional activity is regulated by the equilibrium binding
of Lacl. Reexamining their work almost half a century later,
their conclusions are based on incomplete knowledge about
the system. However, the systematic match between in vitro
and in vivo binding free energy that can be seen from the

100 :
(a) CRP RNAP Lacl Data
-1 ' ' / Jacob & Monod 1961
10 o
A Oehleretal. 1990,1994
- | / | |
o 1072 03 Promoter O1 02 4 (upperbound)
3
_(cj 10734 Models
é . . —— Full model
O 1077 N Simple repression
Von Hippel 1974
107}
1076 L ' ‘ , ( )
1 10 100 1000 K/K. ~10°
Copy number R

FIG. 2. (a) Fold change of the wild-type lac promoter as function of Lacl copy number R, compared to two different thermodynamic
models. Data are from Jacob and Monod [71] and Oehler et al. [72,73]. In blue we show our full model for the intact lac promoter
architecture (see Landman et al. [74]), with operator binding free energies taken from Garcia and Phillips [14] and other quantities taken
from thermodynamic fits to other data from [72,73]. The green dotted line is the simple repression model used by von Hippel et al. [1] using
the in vitro ratio of binding constants. The solid green line is the same model, but with the binding free energy calculated using the model in [74]
(see the Supplemental Material for more details [75]). (b) Cartoon of the dominant conformation of Lacl bound to the promoter architecture.
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literature published since shows that, at the core, the quantities
in thermodynamic models can be verified from independent
experiments.

B. DNA availability

An important point to address here is the influence of the
available number of nonspecific sites in vivo. In the analysis
of the in vivo measurements by Garcia and Phillips [14] it
is assumed that the whole bacterial genome is (immediately)
available for the transcription factors. However, nucleoid as-
sociated proteins and supercoiling of the genome are expected
to influence the effective number of nonspecific sites. Fixing
the number of nonspecific sites in a model will influence the
effective binding free energy as extracted from experiments.
Garcia and Phillips [14] fit fold-change data for a given
number of repressor molecules to the (canonical) expression
for the fold change of a gene regulated by a simple repressor
[4,8]:

1

Fold change = = ,
14+ N exp(—BAE€;)

19)

with R is the number of repressor molecules and N, the total
number of base pairs in a cell. Now let us define N, < Ny
as the the number of nonspecific sites accessible for transcrip-
tion factors, and not supercoiled or otherwise compacted by
nucleoid-associated proteins. Taking into account an effective
number of available sites implies we have to replace N, by
N, in (19). Not taking the effect into account leads to an error
in the binding free energy d¢g of

*

N,
des = —kgT log an’ (20)

where N /N,s denotes the fraction of available sites. When

the effective number of available sites is within a factor of 2-3
lower than the total number of sites, the error does not exceed
the uncertainty range of the in vitro binding free energies. A
difference in availability of a full order of magnitude should
be noticeable as a reduction of the binding free energy of
approximately 2kgT . This is relevant because DNA is usually
significantly compacted [39,41], and TF binding to compacted
DNA may be inhibited [76].

C. Nonspecific binding is the appropriate reference state

Vilar and Saiz [16] also report binding energies, based on
fits to the experiments of Oehler ef al. [72,73], but in contrast
to the work of Garcia and Phillips [14], their model assumes
that Lacl is present in solution when not bound to its cognate
site. Consequently, the binding free energies reported in their
work differ significantly from both the binding free energies
of [14] and the in vitro experiments (see Table III, row 3). Vilar
and Saiz [16] use the experimentally determined relation that
one molecule per cell corresponds to a cellular concentration
of 1.5 nM, to express the number of repressor molecules in
the cell given in [72,73] into units of concentration. They then
use a similar expression to determine the binding free energy

as in Eq. (19),

Fold change
B 1
14 [R]exp(—BAe)

[seeRef.[16], Eq.(11)], (21)

with the factor [R] the concentration of Lacl, divided implic-
itly by a reference concentration of 1 M, replacing R/Nyg in
(19). This substitution essentially rescales their result to a
different reference state, introducing a shift in the binding free
energy of

3
R/an — —kBTIOg 10 NAVcell7 (22)
[R] Nas
with Ve the cell volume and N, Avogadro’s constant.
The factor 103 follows from converting the units of the
reported dissociation constant from M to molm™3. Vilar
and Saiz use the relation that 1.5 nM corresponds to one
molecule per cell, fixing the size of the cell at Vi =
(Na x 1.5 nM/molecule) ™! = 1.1 um?.

In Table III (row 4) and in Fig. 1 (green) we show the
binding free energy of the operator sites of the lac operon,
after recalculation to the size of the nonspecific genome.
Contrary to the originally reported quantities, we see that there
is a convincing match between the data from Vilar and Saiz
[16] and Garcia and Phillips [14], and the in vitro data. This
provides additional evidence that it is the nonspecific genome
that acts as the relevant reference state for Lacl.

de; = —kgT log

IV. CONCLUSION

The power of thermodynamic equilibrium models for
transcription regulation has already been extensively demon-
strated in the existing literature. However, the quantity gov-
erning the fold change in transcriptional activity is interpreted
in these models as an equilibrium free energy, and while
its value is internally consistent between different thermody-
namic equilibrium models, the possibility remains that it is
a hidden kinetic parameter. The justification needed to treat
transcription regulation as an equilibrium process has so far
been provided by the experiments of von Hippel et al. [1],
yet we found that their conclusions are based on models that
cannot account for current-day knowledge of transcription.

In this work, we have investigated the validity of thermody-
namic equilibrium models for gene regulation beyond internal
consistency by comparing the fitted binding free energy of
transcription factors to independent in vitro experiments. We
find that the agreement between in vivo and in vitro experi-
ments is quantitative within the error range of the experiments.
Our work provides evidence that the quantity that governs
transcriptional activity is indeed a true equilibrium binding
free energy, and not an effective kinetic parameter. This new
evidence confirms what has essentially been (in hindsight)
a conjecture: that equilibrium binding can be seen as an
informative physical representation of TF action.

This result not only provides significant additional plausi-
bility for thermodynamic models of gene regulation, but also
points to a large fraction (being more than roughly one-third
of the total genome size) of the nonspecific part of the genome
being accessible for transcription factors to bind.
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